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1 Introduction 
Experiments on the propagation and transmission of electromagnetic waves in waveguides loaded with anisotropic 

magnetic metamaterials (as for example, periodic arrangements of split-ring resonators, called SRRs) have enabled 
the development of waveguides of subwavelength, resonators, filters, etc. [1-5]. In this work, we use magnetic probes 
to excite the loaded waveguide and to study the effects of weak and strong coupling between the SRR array and the 
probe through a retrieval procedure of constitutive parameters ε and μ, as well as the transmission parameters, namely, 
the refractive index and the wave impedance. Detailed knowledge of the constitutive properties of such artificial 
materials becomes relevant for microwave applications, as for instance, antennas, dephasers, and absorbers. All 
experiments were implemented by loading a rectangular waveguide with a periodic arrangement of six SRRs, with 
dimensions and physical features detailed in [6]. The array is placed in the plane of symmetry of a X-band waveguide 
(WR90) having a cross-sectional area 2.29 x 1.02 cm2 and cutoff frequency 6.55 GHz (Fig. 1). 

 

  
Fig. 1. (a) WR90 waveguide loaded with six SRRs. (b) Set-up to measure scattering parameters in the X-band waveguide loaded 
with the SRR array using waveguide coaxial adapters. 

  

2. Experimental Results and Discussion 

First the waveguide loaded with the SRR array is symmetrically connected on both ends to identical X-band waveguide-to-
coaxial adapters, by means of which the input and output signals have been injected and detected by an Agilent N5230C vector 
network analyzer [6]. The results presented in Fig. 2(a) show that the first passband is left-handed in nature and occurs around f ~ 
3.45 GHz, but the transmission is very weak (S21~ − 45 dB). 
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Fig. 2 (a) The transmission band for the waveguide loaded with a periodic array of six SRRs measured with coaxial-waveguide 
adapters.(b)  Magnitudes of reflection (S11) and transmission (S21) scattering parameters. Measurements were made by using 
magnetic probes.  
 
To enhance the transmission band resulting from the effect of magnetic resonance, a pair of magnetic probes is used 
to excite and detect the propagating signal, as described in [6]. The magnitudes and phases of reflection and 
transmission coefficients, respectively, S11 and S21, are obtained for two cases: a) weak coupling between the probe 
and the SRRs; b) strong coupling between the probe and the SRRs, as displayed in Fig. 2(b). 



 

It is observed that in the case of weak coupling, the maximum transmission intensity (S21 ~ 0,22) is obtained at f ~ 
3.32 GHz, while in the case of strong coupling the resonant frequency is slightly reduced (f ~ 3.28 GHz) and the 
transmission band is wider, with S21 reaching ~ 0.56.The refractive index retrieved, according to a method described 
in [7], is shown in Fig. 3(a). In the case of strong coupling the real part of the index is negative in all the range studied 
(f ∼ 3.0 − 3.8 GHz), indicating negative refraction, with values varying in the range −1.3 ≲ 𝑛𝑛𝑟𝑟 ≲ −0.25 , whereas in 
the weak-coupling case the real part of the refractive index is negative only for frequencies 𝑓𝑓 ≲ 3.32 GHz and takes 
values in the range −1.25 ≲ 𝑛𝑛𝑟𝑟 ≲ 0.67. The imaginary parts of the refractive index show that the strong coupling 
leads to a much lower energy dissipation level. In Fig. 3(b) the retrieved magnetic permeability shows a real part 
which is negative in almost all the range of frequencies, in both cases of weak and strong couplings. Although in the 
case of weak coupling, Re{µ} has larger negative values in the frequency range between 3.0 and 3.2 GHz, in practice 
it means nothing since the transmission in this frequency range is negligible (see fig. 2(b)). Note that in the region of 
stronger transmission, between 3.2 and 3.4 GHz, both permeabilities are approximately the same, indicating that the 
permeability nearly independent of the incident magnetic field. The electric permittivity εr of the SRR periodic array 
is negative only in the region around the magnetic resonance frequency (𝑓𝑓~3.2− 3.3 ) GHz and is larger in the case 
of weak coupling, as shown in Fig. 3(c). In the frequency range 3.3 ≤ 𝑓𝑓 ≤ 3.65 GHz we have obtained εr > 0 for both 
the strong and weak coupling cases. 
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Fig. 3. (a)Refractive index extracted from scattering parameters S measured in loaded waveguide. The solid lines refer to the real 
part nr and the dotted lines to imaginary part ni. The minima of ni spectrum correspond to largest transmission, as would be 
hoped. (b) Magnetic permeability extracted from measured S -parameters. The solid lines refer to the real part and the dotted 
lines to imaginary part. (c) Relative Electric permittivity extracted from scattering parameters (S) measured. ( sc=strong 
coupling, wc= weak coupling) 

The permeability and permittivity of an arrangement of resonant rings inserted in a X-band rectangular waveguide 
have been experimentally determined in the range of frequencies 3.0 ~ 3.8 GHz, which exhibits magnetic resonance 
below the cutoff frequency of the empty waveguide (6.55 GHz). It was noted that the excitation by using magnetic 
probe has intensified the transmission LH (left-handed) and that, depending on the intensity of the coupling, 
transmission can be equivalent to that of a balanced CRLH line (weak coupling) or a purely LH line (strong coupling). 
We also observed a negative refraction even in the range of frequencies over which the electric permittivity is 
positive. A reverse procedure (not explained in the text), retrieves all the original parameters (S parameters) using the 
permeability and permittivity extracted, fully validating the accuracy of the retrieved constitutive parameters.  

REFERENCES 

[1] R. Marques, J. Martel, F. Mesa, and F. Medina, “Left handed media simulation and transmission of EM waves in 
sub-wavelength split-ring- resonator-loaded metallic waveguides”, Phys. Rev. Lett, vol. 89, nº 18, art. ID, 
183901,2002 

[2] J.B.Pendry,  A. J. Holden, D. J.  Hobbins e W. J. Stewart, “Magnetism from conductors and enhance nonlinear 
phenomena, IEEE Trans. Theory Tech, vol. 47, pp. 2075, Nov 1999” 

[3] S. Hrabar, J. Bartolic, Sipus, Z., “Waveguide miniaturization using uniaxial negative permeability metamaterial”, 
IEEE Trans. Antennas Propag., vol. 53, nº1, pp. 110-119, 2005  

[4] J.Carbonell, L. J. Roglá, V.Boria e D Lippens, “Design and experimental verification of backward-wave 
propagation in periodic waveguide structures”, IEEE Trans. On Microwave Theory and Techniques, vol. 54, no 4, 
Abril, 2006. 

[5] X.Chen, T. M. Grzegorczyk, B I Wu, J. Pacheco e J. A. Kong, “Robust method to retrieve the constitutive 
effective parameters of metamaterials”, Phys. Rev. E 70,016608, 2004. 

[6] P. J. Castro, J. J. Baroso, J. P. Leite Neto, A. Tomaz, and U. C. Hasar, “ Experimental study of transmission and 
reflection characteristics of a gradient array of metamaterial split-ring resonators”, Journal of Microwaves, 
Optoelectronics and Electromagnetic Applications, v. 15, p. 380-389, December 2016. 

[7] U.C. Hasar, A.Muratoglu, M. Bute, J. J. Barroso, e M. Ertugrul, “Retrieval method for effective constitutive 
parameters of bi-anisotropic metamaterials using waveguide measurements”, a publicar IEEE Trans. On 
Microwave Theory and Techniques 

http://lattes.cnpq.br/6241846354545180


 
 

  

 


